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Abstract
In this project we introduce the concept of hindsight in reinforcement learning, and
describe two recent approaches towards exploiting hindsight information. The first
approach considered is Counterfactual Contribution Analysis (COCOA) [17], the second
approach considered is the noise inference method of Counterfactual Credit Assignment
(CCA) [16]. One of the primary aims of these approaches is to increase sample
efficiency. We investigate whether combining them improves performance with regard
to sample efficiency.
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Chapter 1

Introduction

1.1 Motivation

We can all recall an experience of trying a new activity, and after a surprising outcome,
asking ourselves the question: “How did I do that?”. This question forms the basis of
learning in hindsight. The use of hindsight in Reinforcement Learning (RL) has been
investigated in papers such as Hindsight Experience Replay [3], and Hindsight Policy
Gradients [23]. These approaches ask an agent to learn to reproduce situations it has
experienced.

Another way humans often recontextualise our past experiences in hindsight is by asking
a different question: “Did I do that?” When learning it is important to know to what
extent our actions truly influenced certain outcomes. From the point of view of a given
task, we can ask how lucky we were in a particular situation. Did we truly play well
at the football game last Friday, or did we just happen to be on the same team as our
friend who plays in the local league? One approach to separating luck from the skill of
an agent is presented in [16]. They follow up their work in [15], where a similar, but
even better performing approach is presented.

In this project we investigate a method proposed in [17] of combining the two afore-
mentioned hindsight learning paradigms.

As one of the primary purposes of hindsight methods is to use the information available
more efficiently, our comparisons between learning algorithms will focus on how many
timesteps of interaction they require in order to converge. How much interaction with
the environment a learning algorithm requires in order to converge is a fundamental
question in RL. This property of an algorithm is frequently referred to as sample
efficiency.

1.2 Objectives

The family of methods described in [17] will be referred to as COCOA Policy Gradient
(PG) estimators, or COCOA algorithms from here onwards, as in [17]. The method
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Chapter 1. Introduction 2

described in [16] will be referred to as CCA. We describe what a PG estimator is, and
summarise the techniques utilised by COCOA and CCA in chapter 2.

The objectives of this project were as follows:

• Implement a COCOA PG estimator on top of a practical baseline RL algorithm.

• Implement a Linear Key-To-Door environment similar to the one described by
[17], in which the credit assignment capabilities of the considered RL algorithms
can be evaluated.

• Compare the resulting performance to the performance achieved by using a state
of the art PG estimator. In particular, the COCOA approach was compared
to Generalised Advantage Estimation (GAE) [25] used in a Proximal Policy
Optimization (PPO) objective [24].

• Extend our COCOA implementation to incorporate hindsight information using
similar methods to CCA. This extension will be referred to as CF-COCOA
from here onwards. The idea behind CF-COCOA is first described in [17]. As
will be explained in section 3.3.2.3, computing COCOA estimators corresponds
to evaluating a query under a Do-intervention on the Structural Causal Model
(SCM) corresponding to the underlying Partially Observable Markov Decision
Process (POMDP) of the environment [17]. The “CF” in CF-COCOA stands for
counterfactual, as computing CF-COCOA estimators corresponds to evaluating
the same query under a counterfactual intervention (see section 3.3.2.4) on the
same SCM [17].

The proposed objectives were completed. We find that our implementation of CF-
COCOA does not significantly outperform our implementation of COCOA in our
Linear Key-To-Door environment. However, we do find that the CF-COCOA hindsight
classifier (see chapters 4 and 5) is capable of more accurately predicting the hindsight
distribution in some environments (CartPole-v1 [1]).

We find that our implementations of both the COCOA and the CF-COCOA PG estima-
tors result in algorithms highly sensitive to hyperparameters, and frequently subject to
numerical instabilities. These issues are examined in chapter 6.



Chapter 2

Background

2.1 Overview

Reinforcement Learning (RL) poses two difficult challenges: exploration and credit
assignment. In order to successfully explore an environment, we have to find courses of
action which lead to favourable outcomes. In this sense exploration is synonymous with
information gathering. Once given a set of experiences, we have to also separate the
chaff from the wheat. Not all actions along a favourable trajectory contribute equally
to the outcomes we want. We need to be able to identify which actions we should
reinforce, and which actions we should avoid.

2.2 Credit assignment methods

Performing credit assignment involves estimating the effects of actions an agent takes
on the outcomes it receives. Ultimately we are interested in increasing the expected
return, by changing the policy our agent follows. In environments of computationally
manageable size and complexity, classical RL approaches such as Q-Learning [26] can
do well. Once we consider environments of greater complexity, classical approaches
begin to struggle. For example, in infinite state spaces tabular Q-Learning may not be
of much help. In such environments it is possible, and common, that exact state-action
pairs are only ever visited once, so keeping track of values or action-values individually
is infeasible.

2.2.1 Policy gradient estimators

Partly due to the aforementioned reasons, Deep RL has found significant success in
recent years. Starting with Deep Q-Networks (DQN) [18], neural networks have become
popular policy models. Neural networks have been trained to great effect with gradient
ascent/descent methods in other learning paradigms such as supervised learning. Policy
Gradient (PG) estimators [30] [27] attempt to bring this power to RL, enabling the use
of well-established optimisers to tune our policy networks.
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Chapter 2. Background 4

By today, PG methods have turned into one of the most popular and successful credit
assignment methods. But despite their success, PG estimators come with the drawback
that their variance can be quite high, which may lead to unstable learning [25] and
brittle algorithms with high sensitivity to hyperparameters.

The most common PG estimators, such as REINFORCE [30] only take into account
observations at or before the timestep the action was taken in. As gaining additional
information (conditioning on more variables) generally reduces variance [8], when
inferring the values of random variables, it is a reasonable idea to consider using the
entire trajectory to derive PG estimates. This is in line with the intuitions outlined in
the second paragraph of section 1.1.

Naively incorporating future information will generally lead to biased PG estimators
[11]. This is due to the fact that the observed outcomes are sampled according to a given
policy, so their distribution is affected by how the sampling policy chooses actions.
Recent research has shown that it is possible to incorporate future information in a
principled manner, such that we retain a lot of the benefits of hindsight learning, while
ending up with PG estimators that are unbiased in theory, and only minimally biased
(due to model error) in practice [11]. Their work relies on similar ideas to Hindsight
Experience Replay (HER) [3] and Hindsight Policy Gradients (HPG) [23], which we
will group together under the umbrella of goal-conditioning approaches.

The method of Hindsight Credit Assignment (HCA) [11] has significant drawbacks,
as the importance sampling scheme used has been shown in many environments to
introduce more variance than what may be acceptable due to the benefits gained from
goal-conditioning [17]. Therefore it is difficult for the resulting PG estimator to be used
in practice [28]. Nevertheless, the ideas presented are exciting, and have been built
upon in more recent work, such as the previously mentioned CCA [16] and the more
closely related COCOA [17]. To put HCA [11] into more context, we first describe
HER [3] and HPG [23] in more detail in the next section. In the section following that
we go into more detail about [11] and some further works they inspired.

2.3 Goal-conditioning

It can be useful to learn how to effectively navigate the state space in general [3].
Consider sparse reward environments, where the agent only receives a reward signal at
the end of the episode. In these environments the final reward is also very frequently 0,
with greater reward only being provided if the agent achieved some task. Sparse reward
environments pose a difficulty where we may not encounter any reward signal in the
majority of the episodes our agent plays. Such sparseness makes sample efficiency a
high priority: when we do finally get some reward, we need to be able to learn how to
get to states that provide this reward quickly.

By knowing about the underlying structure of the environment, we can learn more about
a reward we receive: states from which we can get to where we received the reward
should now also be considered more valuable. Hindsight Experience Replay (HER) [3]
provides a way to learn about the underlying structure of an environment even without
a reward signal by conditioning the policy on a goal, which can be any reasonable
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representation of for example a state, a reward, or a future return. Trajectories are
collected according to a goal determined by the task the agent is trying to complete.

Their main insight is that once stored experiences are collected in our replay buffer
whilst following some original goal, we may recall them with the original goal replaced
by some other goal that was actually achieved over the trajectory. While this does
enable the agent to learn about the latent (underlying) structure of the environment, it
also presents new questions.

How should we choose our goals? We face several issues. The obvious choice for our
primary goal is to maximise the return. However, this requirement is generally very
difficult to formulate such that it can be “understood” by common policy models. Thus
we generally need to provide the agent with a specific return it should achieve [3]. The
difficulty then comes from the fact that we may not know what the least upper bound is
on the return, or there may not be an upper bound. How to select intermediate goals to
learn from in hindsight is also not obvious. In practice, we can use heuristics to answer
these questions and get good results [3].

In Hindsight Policy Gradients (HPG) [23] the ideas of HER [3] are extended to policy
gradient methods by importance sampling. Importance sampling attempts to transform
expectations taken over the distribution of outcomes under one policy to expectations
taken over the distribution of outcomes under the policy we are improving. To achieve
this, we re-weight experiences based on the ratio between the probabilities assigned
to each action by the policy we are improving and the probabilities assigned to each
action by the policy under which they were performed.

It is worth noting that importance sampling is used frequently in RL, however its most
common purpose is to update a more recent policy by using trajectories sampled by
older policies [26]. In HPG, importance sampling is used to update a policy conditioned
on one goal, by using trajectories collected by a policy conditioned on another goal.

Goal-conditioning has also proven to be a useful idea in different contexts. Decision
Transformer (DT) [5] and Trajectory Transformer [13] use similar ideas to gain good
performance on offline RL problems. Both methods were developed concurrently,
and although they operate on similar principles, the specific techniques used are quite
different. DT models the next action based on a desired return and the previous state
and action, so it is more similar to HER and HPG than Trajectory Transformer. The
primary difference between DT and these older goal-conditioning methods are that DT
is an offline RL method, while HER and HPG are both online. An advantage of DT is
that it is able to leverage the power of modern sequence modelling approaches in the
form of transformers.

As an aside, we note that there also exist ways to generalise DT to the online domain
using iterative improvement approaches [31].

Trajectory Transformer learns in an autoregressive manner, similar to GPT, learning to
predict the next states, actions and rewards. It does very well at predicting the dynamics
of the environment, and can be used with planning approaches. Alternatively it can also
be goal-conditioned by prepending the goal to the start of the considered sequences
during both training and inference. Trajectory Transformer is also initially limited to
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offline RL.

2.4 Future-Conditioning Hindsight Approaches

The essential idea of HCA [11] is to approximate how much each action contributes
to reaching a given future state using an application of Bayes’ rule. This enables the
computation of a similar importance sampling PG estimator as the one used in HPG
[23]. Although the idea of HCA is very exciting, the specific formulation provided in
[11] is not very practical, as using individual states as hindsight “goals” (in HER/HPG
terminology) yields a frequently high-variance importance sampling scheme [17], and
their return-conditioned formulation also has significant drawbacks.

In the COCOA family of algorithms [17], individual rewards, or state encodings fully
predictive of the rewards are proposed as future-conditioning targets. They show that the
choice of individual rewards is in some sense optimal for variance reduction. However,
in the case that very different conditions in the environment yield the same reward,
or in a sparse reward setting, conditioning directly on the reward values becomes
impractical. Conditioning on reward-predictive encodings has been suggested for this
reason. The degree of variance reduction maintained depends on the degree to which
these encodings group individual states together. As long as our encodings are coarse
enough, the authors claim they will be helpful. They present this theory and more in
very useful detail, but do not supply examples of their method working in more complex
environments. Additionally, their work retains a limitation of [11], whereby their PG
estimator will only be as good as the future-conditioned action distribution they can
learn. Albeit they do show that their PG estimator is relatively robust to inaccuracies in
the hindsight distribution for some environments they use, this is not quite enough to
fully expect the same to hold in more complex environments.

Nevertheless, we see promise in their results, which is why we decided to use their work
as the basis for this project. For simplicity, we only implement the reward-conditioned
version of their algorithm, leaving conditioning on state-encodings for future work.



Chapter 3

Methods

3.1 Overview

In this chapter we briefly introduce terminology and notation from Reinforcement
Learning (RL) and causality theory, then mention some connections between the two
fields. In particular we explain how we can model Markov Decision Processes (MDPs),
as well as Partially Observable MDPs (POMDPs) as Structural Causal Models (SCMs).

We are interested in SCMs because they will allow us to express the benefits we are
hoping to gain from extending COCOA [17] to counterfactual interventions. In fact,
both Do-interventions and counterfactual interventions will be defined as manipulations
of SCMs.

3.2 Reinforcement Learning

We formulate RL as a machine learning problem, where an agent interacts with an
environment that provides observations and numerical reward signals in response to the
agent’s actions. The agent’s goal is to learn how to maximise the expected value of the
sum of rewards it receives.

The process of interaction between the agent and the environment is resolved over
discrete timesteps. At each timestep t the agent is given an observation ot , responds
with an action at , and receives a (possibly stochastic) reward rt .

In this project we consider the episodic setting, where each interaction eventually
terminates, producing a finite sequence of triples (o0,a0,r0),(o1,a1,r1), . . . ,(oT ,aT ,rT ).
Such a sequence is called a trajectory, and the interaction over which it was collected
is called an episode. The sum of rewards within a trajectory τ is called the return
G(τ) = ∑

T
t=0 rt . Over several episodes the agent accumulates experience in the form of

trajectories, which it may learn from in order to maximise the returns achieved in later
episodes.

We define the agent’s policy π as a map from either states st when acting in fully
observable MDPs, or histories (o0,o1, . . . ,ot) when acting in POMDPs to probability

7
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st atat ~ π(st) st+1 at+1 ~ π(st+1) at+1

rt rt+1

st+1 ~ P(st,at)

Figure 3.1: Markov Decision Process, with actions selected by policy π

distributions over possible actions at timestep t. The choice of input in the latter case
is explained in section 3.2.1.2. At a given timestep the agent chooses an action by
sampling from the policy distribution corrresponding to the current history.

3.2.1 Markov Decision Processes

The environment in an RL problem can be conveniently expressed as an MDP, which
is defined as a tuple (S ,A ,P ,R ). Here S is a set of states, A is a set of actions, P is
a map that takes a state-action pair to a probability distribution over states, and R is
a map that takes a state-action pair (s,a) to a reward that is immediately given to the
agent upon reaching (s,a).

3.2.1.1 Acting in a fully observable MDP

In the simplest case with an MDP environment, the interaction at timestep t is resolved
as follows (see also Fig. 3.1). We first sample a state ot := st ∼ O(st−1), (where we
include a dummy state s−1 ∈ S). Then we sample an action from the policy at ∼ π(st).
Finally the agent receives rt = R (st ,at).

Note that the distribution τ∼ Γ of trajectories that may arise as a result of an episode is
fully determined by the MDP and the policy π. Since for a given problem we consider
the environment fixed, we write Γ(π) to denote that given an environment the sampling
distribution of trajectories depends solely on the policy.

Also note that in our formulation the reward is a deterministic function of the trajectory.
This does not lead to any loss of generality, as we will immediately introduce partially
observable MDPs as environments, and will remain in that setting for the rest of this
project. POMDPs eliminate any loss of generality due to deterministic reward, as from
the point of view of the agent, stochasticity and partial observability are in a sense
indistinguishable [19]. In other words any stochasticity in the environment (e.g. in the
reward function) can be considered as a pre-determined variable of the hidden state.

It is also shown that agents can gain an advantage by modelling stochasticity in their
environment as partial observability [19]. This is due to similar mechanisms to those
described in section 3.3.2.4.
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ot atat ~ π(ot,ot-1,...)

st

ot ~ O(st)

st+1st+1 ~ P(st,at)

ot+1 at+1 ~ π(ot+1,ot,...)

ot+1 ~ O(st+1)

at+1rt rt+1

Figure 3.2: Partially Observable MDP, with actions selected by policy π

3.2.1.2 Acting in a partially observable MDP

In real-world problems it may be the case that we have an imperfect knowledge of the
world around us. We can model this by separating observations from the underlying
state of the MDP. After sampling a state st , we do not directly provide st to the agent,
but instead sample an imperfect representation ot ∼ O(st), where each state st has a
corresponding probability distribution O over some set of observations.

Most fundamental RL algorithms only come with theoretical guarantees of convergence
in the fully observable setting. Initially this presents a worrying picture for the partially
observable case. However, it turns out that by providing the full history of observations
to the agent at each timestep, a partially observable MDP M can converted to a fully
observable MDP M′ [32]. This comes with the tradeoff that generally M′ will be more
complex than M.

In practice, considering the full history at each timestep is computationally expensive,
so modern RL algorithms learn a compact representation, essentially providing the
agent with ‘selective memory’ to keep track of relevant information, e.g. as in [22].

3.3 Causality

As mentioned in Section 2.2, it is natural to pose the question of credit assignment in
RL as a question about the effect of each action on the consequent outcomes. However,
as [20] states, and as we have seen already in this chapter, when acting in MDPs the
expected outcomes conditioned on a given action depend on the policy being followed.
In particular, the expected return given a single action is thus tied to all future actions.

An example is given in [20] of an environment where it is clear that the true effect of an
action is often far more limited in scope. Consider an MDP with a linear sequence of
states. In each state we may choose from one of two actions: either we take the ”upper”
or the ”lower” route to the next state. The upper route provides a reward of 1, whereas
the lower route provides no reward. Although this is an extreme example where the
effects of an action are limited to the immediate consequences, it highlights the need
for a more fine-grained definition of the effect of an action than the associated expected
return.

In particular we consider the Rubin-Neyman framework of causality [12] in this project.



Chapter 3. Methods 10

3.3.1 Advantage as a causal effect

Continuing to follow [20], in this subsection we describe the connection they draw
between the causality and RL literatures. This connection is not novel, as many recent
papers in RL, for example [4] and [16] make use of ideas from the causality literature.
However, as the work done in the present project, following [17], relies heavily on these
ideas, a short introduction will serve us well.

In RL, we define the action-value function Qπ(st ,at) as the expected future return after
performing action at in state st , and acting according to the policy π afterwards. The
value function Vπ(st) is defined as the expected future return after a state st , when acting
according to the policy π.

Qπ(st ,at) = Eτ∼Γ(π)[G(rt + ∑
t ′>t

rt ′]

Vπ(st) = Eτ∼Γ(π)[G(∑
t ′≥t

rt ′]

The advantage Aπ(st ,at) of action at at state st is then defined as the difference

Aπ(st ,at) = Qπ(st ,at)−Vπ(st).

3.3.2 Structural Causal Models

Structural Causal Models (SCMs), such as in Figures 3.3 and 3.4, are a tool of causality
theory. They model dependencies between random (noise) variables and deterministic
processes, called causal mechanisms, as directed graphs. We denote deterministic
processes as square nodes in the graph, and stochastic nodes as circles. Dependencies are
depicted as arrows between nodes. Importantly, in this project we make the assumption
that the noise variables in an SCM should be independent. Any interaction between
noise variables should thus come as a result of causal mechanisms.

3.3.2.1 Modelling MDPs as SCMs

See Figure 3.4 for how POMDPs can be modelled as SCMs. The construction is similar
to the case of MDPs. Any stochastic transitions between states, observations, or actions
are removed, and the randomness is pushed back as an input to deterministic functions
giving rise to these values.

MDPs can be modelled as SCMs by replacing each state with a deterministic causal
mechanism depending on the value of an independent noise variable, as well as the
previous state-action pair. Any stochasticity in the policy is also modelled as a noise
input. See Figure 3.3 for more details.

3.3.2.2 Modelling POMDPs as SCMs

Modelling POMDPs in this way essentially provides a reparameterisation of the en-
vironment where we may infer the values of the hidden noise variables based on our
observations [4]. Combining such inference with learning to approximate the results of
the causal mechanisms can lead to a more accurate representation of the hidden state.
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X0

A0

X1

ϵπ,0

ϵS,0 ϵS,1

A1ϵπ,1

X2

ϵS,2

Figure 3.3: Modelling an MDP using an SCM, as in [16], values of grey nodes are
obversed, values of white nodes are not observed. Square nodes are deterministic,
circle nodes are stochastic. To simplify our diagram, the reward at time t is considered
to be encoded in Xt+1.

Reducing the observed stochasticity in the environment in such a manner can lead to
lower-variance estimates of values that depend on the underlying state.

3.3.2.3 Do-interventions

A Do-intervention can be performed on an SCM by cutting all incoming connections
to a node X , and setting its value to y. We denote such an intervention by Do(Y → y).
Given an SCM M the resulting SCM after a Do-intervention is denoted as M Do(X→y).
In M Do(X→y) the distribution of all downstream variables are changed. The effect of an
action can be interpreted as the result of a Do-intervention in our SCM. For example,
to see the effect on the expected future return, which we know as the advantage of the
given action, we can find the difference between the expected value in the SCM under
Do(At → at) and the expected value without any intervention. The advantage function
is thus recovered.

3.3.2.4 Counterfactual interventions

A counterfactual intervention is a generalisation of a Do-intervention, whereby we not
only fix the value of a given node, but also infer the values of (some of) the hidden
noise-variables. This is of interest to us as we hope to reduce the variance of the
resulting outcome distributions due to the conditioning on additional information [8].

To put things into more familiar terms: if we model the environment of an RL agent
as an SCM, we may be able to infer the noise variables of this SCM based on our
observations. Incorporating this information into our PG estimate, we may then hope
for lower variance. In the literature the noise distribution conditioned on information up



Chapter 3. Methods 12

O0

S0

X0

A0

S1

ϵS,0

O1

X1

A1

ϵS,1

ϵO,0 ϵO,1ϵπ,0 ϵπ,1

S2

ϵS,2

Figure 3.4: Modelling a POMDP using an SCM, as in [16], values of grey nodes are
observed, values of white nodes are not observed. Square nodes are deterministic,
circle nodes are stochastic. To simplify our diagram, the reward at time t is considered
to be encoded in Xt+1.

to timestep t is frequently called the prior noise distribution, and the noise distribution
conditioned on information from the entire trajectory is frequently called the posterior
noise distribution [10] [29].

As a sidenote, based on this argument we can also see why there is such a close
connection between the RL and Variational Inference literatures (e.g. see [21]).

In the following chapter we use the ideas we have introduced here in an attempt to turn
them to our benefit, following the COCOA [17] and CCA [16] approaches.
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Design

4.1 Overview: why COCOA should see the future

In the previous chapter, we have become familiar with the theoretical idea of “de-
noising” outcome distributions. Here, following an idea proposed but not implemented
by [17], we describe in short one possible way to go about this, with the goal of reducing
the noise in COCOA PG estimators.

4.2 Who learns what: architecture and backpropagation

CF-COCOA builds on both COCOA [17] and CCA [16], and as such we end up with an
architecture combining elements of both approaches. We aim to learn some summary
statistic or encoding φ̂t of the future of a trajectory in relation to timestep t, such that φ̂t
is independent of the action at at time t. This φ̂t can be thought of as a summary of the
noise variables in an SCM representing the environment.

We learn the encoding φ̂t directly through backpropagation as we learn a hindsight
action classifier hθ(ât |ŝt , φ̂t ,rt). As an aside, for the reminder of this project we use θ to
represent the collection of all learned parameters of all our models.

Note that as described in [19], inferring the posterior noise distribution can also be
thought of as marginalising over deterministic hidden states. Therefore thinking of φ̂t
as a hidden state predictor would also be accurate.

We provide a schematic of our architecture in Figure 4.1. Note that our implementation
builds on top of a baseline algorithm, Rec-PPO (short for Recurrent Proximal Policy
Optimization) [22], as implemented by the SheepRL [6] library. This implementation
has additional components, such as Multiencoders to ingest the raw observations
provided to the agent. We will minimise mentions of these components in this project,
as our focus is not on them.

13
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KLCE CE PG

-   Stop gradient

-   Action predictor

-   State predictor

-   Loss function

Figure 4.1: Data flow between our models. Our architecture is based on that presented
in [16], combined with the ideas of [17]. The red arrow denotes that the KL-divergence
is only used to train φ̂t , and not h′

θ
directly. The empty state predictor nodes represent

the previous as well as the future states of the forward and backward RNNs.
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4.3 Unbiasing our estimator by selective forgetting

In general, conditioning a PG baseline on the full trajectory can lead to biased PG
estimators, as stated in [19] and [16]. In Corollary 1. of [16] the authors show how
conditional independence given ŝt between At , the random variable (RV) representing
the action at time t, and Φt , the RV representing future information being incorporated
in their PG estimator can lead to unbiasedness. In Theorem 2. the authors of CCA [16]
elaborate on this, stating that such conditionally independent Φt essentially encodes
inferred noise on the trajectory when the agent is considered to be acting in an SCM.

We build on these results according to the idea presented in [17]. Instead of requiring
that φ̂t contain useful information for estimating the value function, we train it to contain
useful information for approximating the hindsight distribution hθ(at |ŝt , φ̂t ,rt). As Φt
represents the inferred noise on the trajectory, it is exactly what we need to extend
COCOA [17] to a query of the outcome distribution after performing a counterfactual
intervention.

As in [16], we also train an auxiliary hindsight classifier h′
θ
(at |ŝt , φ̂t), and minimise the

KL-divergence
∑
t
KL(π(At |St)||h′θ(At |St ,Φt).

This has the effect of regularising for independence between the two distributions.
Intuitively, the KL-divergence represents a sort of distance between two probability
distributions. If the two distributions are close to each other, i.e. the probabilities of
actions at time t remain the same between them, then they are independent. Thus the
KL-divergence should be minimised to achieve what we want.
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Implementation

5.1 Components

In this chapter we describe the learning algorithm our implementation follows. After-
wards, we provide details about how we implement the model used to encode the future
information φ̂t , as well as the primary and auxiliary hindsight classifiers hθ,h′θ.

5.1.1 Pseudocode: CF-COCOA in a recurrent-memory algorithm

Our algorithm combines steps from COCOA [17] and Rec-PPO [22], and proceeds as
shown in Algorithm 1.

The contribution coefficients w(ŝt ,at ,rk) are calculated as follows [17]:

w(ŝt ,at ,rk) =
hθ(at |ŝt , φ̂t ,rk)

φθ(at |ŝt)
−1.

In Algorithm 1, p(a) refers to the one-hot “distribution” of factual actions taken during
the sampled trajectory. We denote the weights (for the optimiser) of each loss by α∗.
For example the coefficient of the policy gradient loss is denoted αPG. The loss LE

π is
an entropy regularisation loss to promote exploration [24].

5.1.2 Backward RNN

Recurrent Neural Networks (RNNs) are frequently used to encode information in
arbitrary-length sequences. They are initialised with a hidden state vector (commonly
a zero vector), and process sequences elementwise, as at each timestep they are given
the previous hidden state and the current element of the sequence and produce a new
hidden state.

We use a backward RNN to propagate information from the end of the trajectory
back to a timestep t0. At each timestep t along the trajectory, the backward RNN is
provided with the observation features ôt yielded by the Multiencoder, the hidden state
x̂t of the forward RNN, as well as its own previous hidden state, φ̂t+1. The encodings

16
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Algorithm 1 CF-COCOA on Rec-PPO
1: for I iterations do
2: Collect T timesteps of experience acting according to policy πθ

3: Split the collected experience into trajectories
4: Apply padding so the replay buffer can be stored as a tensor
5: T = length of the longest trajectory
6: for K epochs do ▷ Train the hindsight classifiers
7: for t = 1 to T −1 do
8: LCE

h′ =−∑a∈A p(a) logh′
θ
(a|ŝt , φ̂t) ▷ p(a) is the one-hot target

9: LKL
h′ =−∑a∈A πθ(a|ŝt) log πθ(a|ŝt)

h′
θ
(a|ŝt ,φ̂t)

10: Update the parameters θ along the gradient w.r.t. αCE,h′LCE
h′ +αKLLKL

h′
11: for k = t +1 to T do
12: LCE

h =−∑a∈A p(a) loghθ(at |ŝt , φ̂t ,rk) ▷ p(a) is the one-hot target
13: Update the parameters θ along the gradient w.r.t. αCE,hLCE

h
14: end for
15: end for
16: end for
17: for t = 1 to T −1 do ▷ Compute the contribution coefficients
18: for a ∈ A do
19: Wa← ∑

T
k=t+1 w(ŝt ,a,rk)

20: end for
21: end for
22: for N epochs do ▷ Train the policy
23: LPG

π = ∑t≥0 (logπ(at |ŝt)rt +∑a∈A logπ(a|ŝt)Wa)
24: Update the parameters θ along the gradient w.r.t. αPGLPG

π

25: end for
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φ̂t(ôt , x̂t , φ̂t+1) produced by the backward RNN are fed to the primary hindsight classifier,
hθ(at |ŝt , φ̂t ,rt ′) where t ′ is some timestep after t, as well as the auxiliary hindsight
classifier h′

θ
(at |ŝt , φ̂t).

The backward RNN is trained by backpropagation through hθ and h′
θ
, in order to ensure

that the embeddings φ̂t are independent from the action at conditional on ŝt , as well as
to maximise the accuracy of the primary hindsight classifier hθ. Importantly, gradients
are not propagated back through ôt to the Multiencoder, nor through x̂t to the forward
RNN. We go into more detail about how hθ and h′

θ
are trained in subsections 5.1.3 and

5.1.4.

5.1.3 Hindsight classifier: a hypernetwork

We follow the original implementation of COCOA [17] in using hypernetworks as both
of our hindsight classifiers. Multi-Layer Perceptron (MLP) hindsight classifiers have
also been tried as part of the original implementation by [17], but they were found to
perform relatively poorly [17]. The hypernetwork architecture they propose incorporates
the action distribution of the acting policy, whose inductive bias is hypothesised as the
reason behind the hypernetwork’s stronger performance [17]. Proposition 5. of [17]
shows that incorporating this additional information does not bias the resulting PG
estimator.

5.1.3.1 What is a hypernetwork?

Let da denote the dimensionality of the action space. The hypernetwork we use is
composed of the following layers:

• A linear layer with a ReLU activation. Takes the concatenation of ŝt , φ̂t , and rt ′

as input. Its output is fed to:

– A linear layer with a ReLU-g [17] activation function. Its outputs α are
da-dimensional.

– A linear layer with a ReLU-g [17] activation function. Its ouput G is a
da ·2da-dimensional vector, rolled into a matrix of shape da×2da.

• Finally the output of the hypernetwork is computed as

hθ(at |ŝt , φ̂t ,rt ′) = logπ(at |ŝt)+Gp,

where p denotes the concatenation of logπ(at |ŝt) and log(1−π(at |ŝt)).

The gated ReLU function ReLU-g is defined as in [17]:

ReLU-g(x) = ReLU(x0:n/2)−ReLU(xn/2:n).

As explained in chapter 6, the distributions learned by our hindsight classifiers can be
rather sharp and unstable, partly due to weights and gradients with large absolute values.
Sharp distributions introduce significant numerical instability to the computation of the
contribution coefficients w(ŝt ,at ,rk). To combat these issues, we introduce layer norms
before every activation function in our hypernetworks.



Chapter 5. Implementation 19

Linear +
 R

eLU

Linear
+

R
eLU

 - g

Linear
+

R
eLU

 - g

Figure 5.1: Schematic of our hypernetwork, adapted from [17].

5.1.3.2 Training the hindsight classifier

In order to provide useful information about the latest policy, during one iteration of
the algorithm the hindsight classifier is trained immediately after each rollout, and
immediately before the policy is trained using the contribution coefficients produced
by the hindsight classifier. The supervised training is achieved through minimising the
cross-entropy between the predictions of the hindsight classifier, and the actions sampled
in the encountered trajectories. It is an important detail that the target distribution is that
of the sampled actions, not directly the predictions of the policy. Our goal is precisely
to learn how the action distribution predicted by the policy is affected by the additional
future information.

In Algorithm 1, the cross-entropy loss for the hindsight classifier is denoted LCE
hθ

.

5.1.4 Auxiliary hindsight classifier: declaring independence

By the reasons outlined in Appendix I of [17], we wish to regularise the backward
RNN to not encode information about the distribution of the action at time t. They
suggest one approach to achieve this, inspired by CCA [16]. We follow their proposed
approach.

Another hypernetwork is trained on a similar task as our primary hindsight classifier,
however this time we do not condition on the future reward. The learning of this
auxiliary hindsight classifier h′

θ
(at |ŝt , φ̂t) is achieved through a cross-entropy loss, as

in our primary hindsight classifier. However, this time we do not backpropagate the
cross-entropy loss through the backward RNN.

To achieve independence between φ̂t and at , we regularise the encodings of the backward
RNN, by adding a KL-divergence loss between the auxiliary hindsight distribution
h′

θ
(at |ŝt , φ̂t) and the action distribution induced by the policy φθ(at |ŝt). The weights

of our auxiliary classifier are frozen with respect to the KL-divergence, so only the
parameters of the backward RNN are updated at this stage.
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In Algorithm 1, the cross-entropy loss for the auxiliary hindsight classifier is denoted
LCE

h′
θ

, and the KL-divergence loss is denoted LKL
h′

θ

.

5.1.5 Optimiser, loss weights, hyperparameters

In our experiments we use the ADAM optimiser [14], with a learning rate of 1e−3 and
ε = 1e−4. All other hyperparameters of the optimiser are as default in the PyTorch
library.

We performed a manual hyperparameter search, and found a set of hyperparameters that
work reasonably well in both the 10-step and 20-step long instances of our Linear Key-
To-Door environment. The hyperparameters and full configurations for all experiments
communicated in this report (see chapter 6) can be found in the supplementary materials.

We note that although the found hyperparameters lead to reasonable performance,
the issue of over-sharpened policy distributions remains, which causes most runs to
terminate early.

5.2 Techniques and caveats

Over the course of development, several technical difficulties were encountered. These
difficulties include conceptual issues requiring careful consideration in order to ensure
our implementation stays faithful to the theoretical requirements discussed. Issues
of optimisation were also considered, ensuring the computational time and resources
required to run our implementation do not render it unusable in practice.

5.2.1 Replay buffer and sampling

Our algorithm requires that entire trajectories be available to train the primary hindsight
classifier, as we want to compute the contribution coefficients of actions for all future
timesteps. Additionally, running the backward RNN from as far in the future as possible
increases the available information, and further reduces noise.

By default, Rec-PPO [22] splits trajectories into sequences of a fixed length. This
option can be disabled, but it is important to note that to ensure the correctness of our
algorithm, it must be disabled when building on top of Rec-PPO [22].

As variable length sequences cannot be efficiently stored as tensors in the replay buffer,
Rec-PPO [22] applies padding and stores a mask that is used in later computation to
ensure the padding values do not effect results. The encodings of the backward RNN
and the additional losses we compute have been implemented such that they also use
the mask to disregard padding values.

5.2.2 Accounting for moving targets

The hindsight classifier is required to always approximate the hindsight distribution
corresponding to the latest policy, with which the most recent rollouts were performed.
As we are interspersing the updates of the policy with the updates of the hindsight
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classifier, a situation with a moving target in the form of the policy is created. We
accomodate for this difficulty after each rollout by first updating the hindsight classifiers
for all epochs, and only then updating the policy, using the contribution coefficients
computed using the updated hindsight classifier.

5.2.3 An optimisation: splitting epoch counts

We find that with our current implementation, training the hindsight classifiers takes a
significant amount of computation time compared to the policy updates. This is likely
due to the quadratic complexity of updating the hindsight coefficients at each timestep t
with regard to all future timesteps k.

The lengthened training times were making it difficult to debug, as well as to run a
reasonable number of experiments to see if our hindsight classifiers are able to learn the
required distribution. To handle this difficulty, we used a different number of training
epochs for training the hindsight classifiers than what we use to train the policy. We
found that even using a single epoch of training after each rollout, the hindsight classifier
converges reasonably well on CartPole-v1 [1].

The added hyperparameter of hindsight epochs had to be adjusted all the way back to 8
(the number of epochs used for policy learning in our experiments) for success in the
Linear Key-To-Door environment we implemented.
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Evaluation and experiments

As the primary goal of our algorithms is to successfully assign credit to actions for
the outcomes encountered, we choose to evaluate their performance in an environment
that tests this exact capability. We implement a variant of the Linear Key-To-Door
environment discussed in [17]. Several modifications to the original environment are
made. Instead of listing the differences, we give more detail to our Linear Key-To-Door
environment in the next section.

6.1 Our Linear Key-To-Door environment

See Figure 6.1 for a schematic of our Linear Key-To-Door environment.

The environment we chose to implement is in principle similar to the one presented in
[17], but is more challenging. Instead of a distractor task, where between picking up
the key and getting to the door the agent can pick up “apples” worth a relatively small
reward each, we provide the agent with fully random rewards at each in-between step.
This is inspired by Quantile Credit Assignment [15], a follow-up work to CCA [16],
where it is demonstrated that such a fully random version of a key-to-door environment
is more challenging than the version with a distractor task.

6.2 Evaluating our hindsight classifiers on CartPole-v1

Before any benchmarking of our PG estimators is reasonable, we should make sure
that our hindsight classifiers are capable of learning the hindsight action distributions.
We tested this by running instances of Rec-PPO on the CartPole-v1 task, and training
hindsight classifiers on the action distribution of this agent. The cross-entropy losses of
the hindsight classifiers in these experiments are presented in Figure 6.2.

It is noted that the cross-entropy of the auxiliary hindsight classifier with the policy is
near identical to the “cross”-entropy of the policy with itself. This suggests that the
auxiliary hindsight classifier has learned almost everything it can from the available
information.

22
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Figure 6.1: A schematic of our Linear Key-To-Door environment, with an episode-length
of 5. Columns represent the individual timesteps, vertical pairs of circles represent the
observations, and coloured hexagons represent the rewards. At each timestep the agent
can choose from two actions. These correspond to interacting with the top or the bottom
cell of the observation. At timestep 0 the agent may pick up the key by selecting the
action corresponding to the cell the key (randomly) appears in. If the agent has picked
up the key earlier, selecting the cell with the door in the last environment step leads to
a reward of 10. In all other cases and timesteps the reward is randomly selected from
−1,0, and 1.
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Figure 6.2: The cross-entropy losses of our primary (left) and auxiliary (right) hindsight
classifiers on CartPole-v1 [1]. We note that the KL-divergence of the auxiliary hindsight
classifier stayed below 0.05, indicating that the regularization of φ̂t was successful.
The horizontal axis represents how many timesteps the agent has interacted with the
environment. The blue curves correspond to COCOA (without backward RNN), the
orange curves correspond to CF-COCOA (with backward RNN).
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6.3 Evaluating the performance of our COCOA and CF-
COCOA implementations on our Linear Key-To-Door
environment

We find that due to their stability, the Rec-PPO baselines outperform both our COCOA
and CF-COCOA implementations in the Linear Key-To-Door task (see Figures 6.3,
6.4, and 6.6). We do note that once their hindsight classifiers become sufficiently
accurate, both the COCOA and the CF-COCOA agents show reasonable potential for
rapid convergence, as even with our unstable implementations, under lucky seeds they
occasionally do acquire higher sample efficiency than the baseline.

Additionally, the convergence of the hindsight classifiers may be expedited at the cost of
extra computation time by increasing the number of epochs they are trained for during
each iteration. Although such an approach can give fast results in a simple environment
like ours, we expect it would lose efficacy in environments where the agent must have a
basic level of competency in order to explore the parts of the state space most relevant
to the task at hand. Thus we did not run extensive experiments to directly see the effects
of varying the number of hindsight training epochs.

The COCOA and CF-COCOA agents learn to pick the key up as fast as, if not faster
than, they learn to open the door, indicating that credit can successfully be assigned to
actions over relatively long timescales, and with the presence of noise.

We ran experiments in both 10 and 20 timestep long instances of the Linear Key-To-
Door environment, training each of the agents, and trying 5 distinct seeds for every
combination of these parameters. Both the 10- and the 20-step experiments came back
with similar results. All figures presented here thus correspond to experiments run in
the 20 step long instance of the environment.

We note that as we vary the length of an episode, we often have to vary the hyperparam-
eters of our COCOA and CF-COCOA algorithms in order to achieve as much stability
in learning as possible. In particular, the coefficients of the entropy regularisation loss
and the PG loss needed frequent adjustments between environment configurations.

We can see in Figure 6.5 that the primary failure mode of our COCOA and CF-COCOA
implementation is that of an overly sharp action distribution induced by the policy,
which leads to numerical issues when using the PyTorch library [2].

In the end we have found a set of hyperparameters that performed reasonably in both
the 10 and 20 step Linear Key-To-Door instances. The results we present were acquired
under these hyperparameters. As noted before, all hyperparameters and configurations
for our experiments can be found in the supplementary materials.

As the rewards in our Linear Key-To-Door environment are purposely noisy, we present
the fraction of times both the key and the door were chosen by our agents (see Figure
6.3 for COCOA and CF-COCOA), as well as the number of times the key was chosen
regardless of whether or not the door was also chosen (see Figure 6.3 for COCOA and
CF-COCOA). The results achieved by the Rec-PPO baseline agent are presented in
Figure 6.6.
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Figure 6.3: The average number of times both the key and the door were selected by
the CF-COCOA agent (left), and by the COCOA agent (right). Each line represents the
same experiment run under a distinct seed. The horizontal axis represents for how many
timesteps the agent has interacted with the environment.
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Figure 6.4: The average number of times the key was selected by the CF-COCOA agent
(left), and by the COCOA agent (right). Each line represents the same experiment run
under a distinct seed. The horizontal axis represents for how many timesteps the agent
has interacted with the environment.
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Figure 6.5: The entropy regularisation loss of the CF-COCOA agent (left), and of the
COCOA agent (right). Each line represents the same experiment run under a distinct
seed. The horizontal axis represents for how many timesteps the agent has interacted
with the environment.
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Figure 6.6: The average number of times both the key and the door were selected by
the Rec-PPO agent (left), and the average number of times the key was selected by the
Rec-PPO agent (right). Each line represents the same experiment run under a distinct
seed. The horizontal axis represents for how many timesteps the agent has interacted
with the environment.
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Limitations and Future Work

7.1 Limitations

We have already discussed the numerical instability of our implementations of COCOA
and CF-COCOA in chapters 5 and 6. We discuss further limitations of our methods in
this section.

7.1.1 Sampling trajectories to their end

Both learning and computing contribution coefficients requires that trajectories be
sampled to their end. This poses two challenges.

In the case of environments where there may be large discrepancies between the lengths
of trajectories it is possible that our experience buffer will be very memory inefficient.

In such environments updates at timesteps close to the end of the longer trajectories
may also have significantly lower effective batch sizes. The data at these timesteps in
the shorter trajectories will simply be padding. We calculate expected values (of the
policy gradients for example) using Monte Carlo integration. Smaller batch sizes are
known to increase the variance of Monte Carlo integration [7], thus reducing the quality
of our estimates.

While significant, these limitations do not affect our algorithm’s performance on the
Linear Key-To-Door task, as all episodes are the same length in this environment.

7.1.2 Computational complexity of backward RNN

Although our backward RNN seems to be able to encode relevant information about the
future of the trajectory, learning and computing these encodings using an LSTM can be
rather computationally expensive. This effect is especially pronounced in the case of
long trajectories. As suggested in the literature, using attention mechanisms, especially
in the form of a Transformer encoder, may be a worthwhile direction for future research
[11].

27
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7.1.3 Large action spaces

As mentioned in [17] and [20], summing over all actions in large action spaces may
be infeasible. In the extreme case of continuous actions it is in fact impossible. This
currently limits our approach to action spaces of relatively small dimensionality. With
some tradeoffs, this limitation can be removed if required. In [17] it is explained how
independently sampling the policy distribution and averaging over the resulting samples
provides an unbiased estimate of the sum over the action space. The tradeoff is that this
introduces additional variance due to the sampling process.

7.2 Future Work

Our work aims to be a proof of concept, and thus we chose to forego use of some
methods which may be important in practice. Some of these are outlined in this section.

7.2.1 Conditioning on state-encodings

As mentioned in section 2.4, we do not consider state-encodings as future-conditioning
targets in the place of reward values. Although such encodings have been demonstrated
to be beneficial [17], learning state-encodings that form useful future-conditioning
targets introduces significant complexity. Thus, extending our methods to use such
encodings is left for future work.

7.2.2 Multi-dimensional actions

We currently do not support environments with multi-dimensional action spaces. This
is not a theoretical limitation however, and support for multi-dimension action spaces
may be readily implemented in the future.

7.2.3 Z-forcing

Z-forcing, that is, forcing our encodings φ̂t to encode information about the latent state
that we expect to be useful can significantly boost the performance of approaches based
on inferring latent variables [29]. This is due to the fact that common mechanisms for
learning these encodings often end up minimising the reliance of downstream models
on φ̂t as a shortcut to higher performance (as at the early stages of learning φ̂t may be
no more than random noise, and not the kind of noise it is trying to summarise).

State-forcing is one of the simplest Z-forcing methods, where we learn an auxiliary
model to decode the forward state ŝt , or the observations ot from the encoding φ̂t , and
backpropagate the relevant loss to the encoding model used to generate φ̂t [29]. State-
forcing has been found to perform well on similar problems to ours, so is a promising
approach for future work [29].
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7.2.4 Stochastic modelling of latents

From the model-based RL literature it is known that deterministic models are frequently
insufficient to model complex environments [9]. Although here we are not trying to
model environment dynamics, it might nevertheless be an interesting direction for future
research to see if stochastic embeddings φ̂t (or even stochastic ŝt) may provide any
benefits to CF-COCOA.
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Conclusion

In this project, we started by clarifying the connections between Reinforcement Learn-
ing, causal theory, and hindsight.

Afterwards, based on suggestions for future work from [17], we implemented a Policy
Gradient estimator combining the outcome-conditioned contribution coefficients of
COCOA [17] with hindsight-based de-noising by the approach of CCA [16]. We refer
to this combination algorithm as CF-COCOA.

We also designed and implemented a variant of Linear Key-To-Door environments,
with the aim of presenting a relatively difficult long time-horizon credit assignment
challenge at a small scale, enabling experimentation at low computational cost. To our
knowledge this variant of Linear Key-To-Door has not been used before.

The implemented environment was then used to compare the performance of CF-
COCOA to its ablation where we remove our attempt at de-noising (leaving us with a
version of vanilla COCOA [17]), as well as to a good-performing baseline algorithm.
The experiments performed were used to identify a crucial failure-mode of our im-
plementations of COCOA and CF-COCOA. We also identify potential strengths of
COCOA and CF-COCOA compared to the baseline of Rec-PPO.
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